Uniform distribution of sequences of integers * by Ivan Niven Let A = {ai} be an infinite sequence of integers. For any integers i and m &#x3E; 2 define A(n, j, m) as the number of terms among ai, a2, a3, ..., an that satisfy ai ~ j (mod m). We say that the sequence A is uniformly distributed modulo m in case Further more we say that the sequence A is uniformly distributed in case A is uniformly distributed modulo m for every integer m ~ 2. These definitions were introduced by I. Niven; see [1] in the bibilography at the end of this paper. Such an arithmetic progression is uniformly distributed if and only if a = 1. The sequence of positive integers 1, 2, 3, ... is uniformly distributed, as is also the sequence of negative integers -1, --2, -3, .... The sequence of primes is not uniformly distributed modulo m for any modulus m, whereas the sequence of composite integers is uniformly distributed.
For any irrational number 0 the sequence obtained by taking the integer parts of the multiples of 0, is uniformly distributed. This result is a consequence of the result of Weyl [2] that the sequence of fractional parts form a sequence that is uniformly distributed in the unit interval. (Alternative language for this is that the sequence is uniformly distributed modulo 1; note that in the definition of uniform distribution of a sequence of integers the modulus is greater than one. ) * Nijenrode lecture. S. Uchiyama [3] 
is uniformly distributed.
We conclude with two negative results from [1] . Whereas if a sequence A is uniformly distributed modulo m it must then be uniformly distributed modulo d where d is any divisor of m, it is not true that uniform distribution modulo ml and m2 implies
